Abstract. We show that the minimal polynomial of a polynomial exponential automorphism F of C n (i. e. F = exp(D) where D is a locally nilpotent derivation) is of the form µ
Introduction
Let k be a field of characteristic zero and let A be a k-algebra. 
•j is zero and p(F ) = 0 for any polynomial p ∈ C[T ] \ {0} of degree less than d). In particular, we have the following formula for the inverse of F :
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Preparatory steps
Firstly, we will prove two simple lemmas:
If for some m ≥ 1 and α 0 , . . . , α m−1 ∈ k there is an equality
Proof. We will proceed by induction on m. If m = 1 we have D(a) = α 0 a and the result is well known (even for α 0 ∈ A, if A has no zero divisors -see for example [2] , Prop. 1.3.32), but we will prove it for the sake of completeness. If
Because D is locally nilpotent, we must have D
•n (a) = 0 for some n and consequently α 0 = 0 or a = 0. Now let m > 1 and assume that the lemma holds for all m
and since i 0 < m, we obtain 
by the induction hypothesis -this is a contradiction with
and for i < d we conclude by the induction hypothesis, because all
Proceeding in this way, we see
From now on we will focus our attention on the case k = C and A = C[X 1 , . . . , X n ] -the ring of polynomials in n variables. It can be shown that every
is the standard differential with respect to X i .
If Φ : A → A is a C-endomorphism of A, one can define a polynomial mapping Φ * :
Obviously I * = I and (Φ • Ψ) * = Ψ * • Φ * , so each C-automorphism Φ of A gives rise to a polynomial automorphism Φ * of the affine space C n . In particular, if D is a locally nilpotent derivation of A and Φ = exp(D), we have an automorphism
n , called the exponential automorphism. In [1] , the following class of polynomial automorphisms is considered:
It is easy to see that the set I F := {p ∈ C[T ] : p(F ) = 0} forms an ideal in C[T ]; its monic generator will be called minimal polynomial for F and denoted µ F . The paper [1] gives many equivalent conditions for F to be locally finite and a formula for a polynomial p(T ) such that p(F ) = 0, provided F (0) = 0 (see [1] , Th. 1.2). Unfortunately, there is no such result when F (0) = 0 and it is not easy to find the minimal polynomial µ F , either. We solve this problem for exponential automorphisms of C n in the following section.
Main result and its consequences

Theorem (main theorem). Let D be a locally nilpotent derivation of
Proof. Note that for m ∈ N, we have
we conclude by Lemma 2 that 
D
•m (X 1 ) = 0} and suppose that µ F (T ) = (T −1) e for some e < d. Then
and due to Lemma 1 we get D
and therefore the inverse of F is given by
Remark 1. The famous Nagata automorphism of C 3 (see [3] ) defined by N = (X − 2Y σ − Zσ Remark 3. Recall that if P = (P 1 , . . . , P n ) : C n → C n is a polynomial mapping, then P * given by P * (X i ) : 
